Goniometria
Applicazione di alcune formule goniometriche
Ricordiamo che sussistono le seguenti formule

sen( o + B) = sencrcos B+ cosasens3, sen(a — ) = senarcos B —cosasenf

cos(a + ) =cosacos B —senasens3, cos(a — B) =cosacos B + senasenf

V4 T T T
SGH(E—QJICOSCX, SEI’](E-FO(]:COSC(, COS(E—CIJISEHCX, COS(E-FOCJI—SEI’]Q’;

sen(z —a)=sena, sen(z+a)=-sena, cos(z—a)=—cosa,Cos(z+a)=—CoSa;
*ok ok ok ok ok ok
Es 1
cos(60°+ o) + sen(30° + &) = (cos60°cos & — sen60°sencr ) + (sen30°cos o + cos30°sencr ) =

NE) 1 V3

1
—COSa ——Sena + —CoSa + —Sena = 2~1c03a =COSc
2 2 2 2 2
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Es 2
cos(45°+ ar)cos(45°—a) + sena = (cos45°cosa — send5°sena ) (cos45°cos o + send5°sencr )

+sen‘a (\E V2 j{ﬁ V2

=| —C0Sa ———Sena || —CoSa + — Sena |+ sen‘a =
2 2 2 2

2
(%J (cosa —sena)(cosa + senar) + sen’a =

NIH

(cos2 a— senza) +sen’a =
lcosz a+ 1 +1 |sen’a = l(cos2 a+ senza) _1
2 2 2 2
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Es 3
—J3sena + sen (% - aj —2/3sen [% - aj — —3sena +cosar — 243 (sen%cos a— cos%sena} -
—J3sena + cosa — 24/3 (? coscor — %sena} — —/3sena + cosa — 3cosa ++/3sena = —2cosa

*khk Kk Kk ik *k
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Es 4

V3 sena
cos(30°+a) tg30°—tga  cos30°cosa —sen30°sena 3 cosg
cos(30°—a) 1930°+tgar  C0s30°cOSc +send0°sena /3 | sena

3 cosa
\3 coser L sene J3cosa —3sena
2 2 B 3cosa
ﬁ oS + 1 sena \/§ cosa + 3sena
2 2 3cosa

Per la semplificazione della seconda frazione & necessaria la condizione cosa #0

T . .
—>a+—+kx,keZ esipassaalla seguente espressione:

\3cosa —sena \/3cosa — 3sena _
J3cosa +sena f3cosa + 3sena
(ﬁcosw—sena)( 3c03a+35ena) ( 3cosa — 3sena)<\/_005a+sena)

( 3cosa + sena)( 3cosa +35ena)

(30052 a + 2+[3senccos o — 3sen2a) - (30052 a — 2\[3senacos o — 33en2a)

3c0s? o + 4/3sena cos a + 3sen’a

4f3senacosa  243sen(2a)  2sen(2a)
3+ 44/3sena cosa 3+2\/§sen(2a) %+Zsen(2a)

* * k k kK %

Esercizi proposti

Provare che risulta

sen(30°+a) cotg30°—cotga _ 2(2—cos(2a))
sen(30°—«a)  cotg30° + cotger cos(2a)—

,con axkr,keZ.

b) sen(a —30°) _tga—tg30° 3sena - cosa B 3sena —/3cosa _ 0
sen(a+30°) tgar+t930°  fBsena+cosa 3sena++3cosa

T
cona#—+kr,keZ
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